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A .PHAN PAISO:

Phan I: Ham s6 lugng giac

I. Ham s6 luong giac:
Cac dang bai tap co ban
1. Dang 1: Tim TXP cuia ham sé luong gidc
* Phuong phdp gidi: St dung tinh chdt:
- Cac ham s6 y =sinx, y =cosx xac dinh v6i moi x € j

- Ham s0: y =tan x x&c dinh v6i moi x¢5+kﬂ,ke¢

- Ham s6: y =cotx xéac dinh v6i moi x #kx,k € ¢
1

. T
S| x ——
( 4J

. s sin x + cos x
Vidu 2: Tim TXD cuaham s6: y=——

Vi du: Tim TXD ctia ham s6: y =

cotx—1
Bai 1: Tim tap xac dinh cua cac ham s6 sau:

1 X . 2x
1 R 2) y=tan— 3 =sin
)y 2cosx—1 )y 2 )y x—=2
4) y=cot2x 5) y=cos 6) y=+cosx+1

2
2 —
2. Dang 2: Tim gia tri lon nhdt, nho nhdt ciia ham so:
Phuong phdp: Dua vao TGT clia cac ham s6 lugng giac
Chii y: * Ham s6 y =sinx, y =cosx ¢6 TGT la: [-1;1]
* Ham s0 y =tanx,y =cotx c¢6 TGT la: i
Vi du: Tim GTLN, GTNN cua ham s6: y =3—+/1—cosx

Bai 2: Tim gia tri lon nhdt, gia tri nho nhdt ciia ham so:

1) y=3—2|sinx| 2) y=cosx+cos(x—§}

3) y=cos’ x+2cos2x 3) y=+/2cosx+1 5) y=2—+/2—sinx

I1. Phuong trinh lugng giac
1. Phuong trinh luong giac co ban

) ) . . | x=arcsina+k2x
*Dang 1: sinx=a (|a| < 1) nghiém tong quat: ) ked
x=rm—arcsina+k2rx

x=a+k2x

€¢

bic biét: sinx =sina < ;
xX=rm—a+k2rx

f(x)=g(x)+k2zr
f(x)zn—g(x)+k27z’

*Dang 2: cosx=a (|a| < 1) nghiém téng quat: x =*arccosa+k2rx ;ke¢

Téng quét: sin f(x)=sing(x) < { e¢

Diac biét: cosx=cosa <= x=fta+k2r;ke¢
Téng quét: cos f(x)=cosg(x) < f(x)=+g(x)+k2m;k ¢

* Dang 3: tanx =a (x¢§+k7z;ke¢jnghiém tong quat: x=a +kr;ke¢

Diac biét: tanx=tana < x=a+kr;ke¢
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Tong quét: tan /' (x)=tang(x) < f(x)=g(x)+kmke¢
* Dang 4: cotx=a (x zkmkeg¢ )nghiém tong quat: x=a+kr;ke¢
Dac biét: cotx=cota @ x=a+kmke¢
Téng quit: cotf(x) = cotg(x) = f(x) = g(x) +hkmikeg
Vi du minh hoa: Giai cac phuong trinh sau:

1) cos2x=l 2) sin3x =cos2x 3) cos(2x—Z +Si1’l(x+£ =0
2 4 4
4) tan3x =cotx 5) cot(z—xJzL 6) COS)C=\/§Sinx
s

Bai tdp tuong tu: gidi cdc phuong trinh sau:

1) J2cos2x—-1=0 2) sinx = cos3x 3) cos(x+§}+sin(3x+%}=0

4) tan2x=cot[x+%j 5) sinx =+/3 cosx 6) tan’ [%—2xj—3=0

2. Phuong trinh bac hai doi v6i mét ham so luong giac.
* Dinh nghia: La phuong trinh ¢6 dang at’ +bt+c=0(a#0) trong d6 t 1a mot trong bén ham s6
luong gidc: sin x,cos x,tan x,cot x
* Cach giai:
Budc 1: Dat t bang ham s6 lugng gidc c6 trong phuong trinh;
Buéc 2: Dat diéu kién véi 4n phu t;
Budc 3: Giai phuong trinh tim t (thoa man diéu kién);
Budc 4: V6i moi t thoa man ta ¢6 phuong trinh lugng gidc co ban = nghiém x

Vi du minh hoa: Giai cic phuong trinh sau:
1) 2cos*x—5cosx+3=0 2) 1-5sinx+2cos’x=0

3) x/gcotzx—4cotx+\/§=0 4) —4tanx—-2=0

cos’ x

(Chi ¥: ta c6 thé khong cdn ddt dn phu ma coi ham sé luong gidc nhu la mét dn nhu vi du
nay)
Bai 1: Giai cac phuong trinh sau

1) cos2x+sinx+2cosx+1=0  2) cos2x+5sinx+2=0
Bai 2: (Cac phuong trinh dua vé phuong trinh bac nhat, bac hai). Giai cac phuong trinh

1) cosxcos2x =1+sinxsin2x 2) 4sinxcosxcos2x =—1
3) sin 7x —sin3x = cos 5x 4) cos® x —sin® x = sin 3x + cos 4x
.23 ) . ) 1 .
5) cos2x—cosx=2s1n27x 6) smxsm2xsm3x=zsm4x
) 1 .
7) s1n4x+cos4x=—zcos22x 8) 3cos’ x—2sinx+2=0
9) sin® x+cos® x = 4cos” 2x 10) 2tanx—3cotx—2=0

11) cos3x+cos2x+cosx =sin3x+sin2x +sin x

3. Phuong trinh bac nhat doi véi sin x va cos x:
* Dang phuong trinh: asinx+bcosx =c (a,b,c #0) (*)

* Cach giai: Chia hai v& clia phuong trinh cho v/a® +5° ta dugc phuong trinh:

a b c
__“ Y < (%)
Ja* +b? Ja* +b? Ja? +b?

sinx + cosx =
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2 b 2
\' a —
SN S
a +b a +b

a
—— =cosa
A < a +b
Nén ta dat
b .
=sina
a’+b’

Khi d6 phuong trinh (**) trd thanh: sin xcos a +cosxsina =

c
Na* +b?

Ssin(x+a)= 12 phuong trinh lugng gidc co ban da biét cach giai!

<
Jat +b*

Chii y: Piéu kién dé phuong trinh c6 nghiém la: a* +b* > ¢’
Vi du: Giai cac phuong trinh sau:

1) sinx++/3cosx=1 2) 5cos2x—12sin2x =13
Bai tap tu giai: Giai cac phuong trinh sau:
1) 3sinx—4cosx=1 2) 2sinx—2cosx=\/§
3) 3sinx+4cosx=5 4) J3sin3x+cos3x =42
4. Phuong trinh thuan nhat déi véi sin x va cos x:
* Dang phuong trinh: asin® x+bsinxcosx +c.cos’ x =0 (*)

* Cach giai:
Budc 1: Nhan xét cosx=0 hay x =§+ krz,k € ¢ khong la nghiém ctua phuong trinh;

Budc 2: Chia ca hai v& ctia phuong trinh cho cos” x # 0 ta duoc phuong trinh”
atan’ x+btanx+c=0
Budc 3: Giai phuong trinh ta dugc nghiém ctuia phuong trinh da cho.
Chii y: Néu phuong trinh c6 dang tong quidt:
asin® x+bsinxcosx+c.cos’ x =d (d # 0) (%)
Ta bién d6i nhu sau: (¥*) <> asin® x+bsin xcos x +c.cos’ x = d(sin” x + cos” x)
< (a—d)sin® x+bsinxcosx+(c—d)cos’ x=0.
bay la phuong trinh cé dang (*)
Vi du: Giai cac phuong trinh:
1) 2sin* x—5sinxcosx+3cos’x=0
2) 2sin® x —5sin xcos x —cos® x = —2
Bai tap : Giai cac phuong trinh sau
1) 4sin® x +3+/3sin2x —2cos’ x = 4 4) cos® x+2sinxcosx +5sin’ x =2
2) 2sin’ x+3cos’ x = 5sin xcos x 5) 2cos® x—3sin2x +sin® x =1
3) sin’ x—3sinxcosx =1

Bai tap tu giai: Giai cac phuong trinh sau:

1) 6(sinx—cosx)+sinxcosx+6=0 4) |sinx—c0sx|+4sin2x=1
2) sin’ x—cos’ x =1 6) (1+cosx)(1+sinx)=2
3) 3(sinx—cosx)—4sinxcosx+3=0 7) 3(sinx+cosx)+2sinxcosx+3=0

Phan I1. dai so6 to hop
L, Quy tic cong:
Néu c¢6 8 dau sach Toan va 5 ddu séach Ly hoi hoc sinh ¢6 bao nhiéu cdch mugn mot quyén sach tr thu
vién.
IL, Quy tic nhan.
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1, Mot bé c6 thé mang ho cha 1a Lé hay ho me 1a D6, chit dém c6 thé 1a Van, Hitu, Hong, Bich, hoic
Dinh, Con tén c¢6 thé 1a: Nhan, Nghia, TRi, Diic, Ngoc hoic Diing. Hoi ¢6 bao nhiéu cdch dat tén cho
bé.
2, Mot nhém sinh vién gdbm n nam va n nit. C6 bao nhiéu ciach xé&p thanh mot hang sao cho nam va nit
ding xen nhau.
3, C6 bao nhiéu s6 chin 16n hon 5000 gom 4 chit s6 khac nhau?
4, C6 bao nhiéu so c6 thé lap tir c4c chit s6: 2, 4, 6, 8 néu
a, SO d6 nam tir 200 dén 600
b, S6 d6 gdm 3 chit s6 khac nhau
¢, S6 d6 gébm 3 chi so.
II1, Hoan vi
1, C6 bao nhiéu hoén vi ctia {a, b, ¢, d, e, f}
2, C6 bao nhiéu hoén vi cua {a, b, c, d, e, f} véi phan tir cudi cung 1a a.
3, C6 6 ung cu vién chuc thong doc bang. Tinh s6 cach in tén ting ctr vién 1én phiéu bau ctr.
4, C6 bao nhiéu cach sip x&p 10 ngudi ngéi vao 10 ghé hang ngang
IV. Chinh hop:
1, Tinh gid tri: @, A, b, A c, A
2, T cac chir s6 1,2,5,7,8 lap duoc bao nhiéu s6 tu nhiéncé 3 chit s6 khac nhau va nhé hon 300.
3, C6 bao nhiéu thit tr c6 thé xay ra trong cudc thi chay giita nam van dong vién.
4. Bao nhiéu kha nang c6 thé xay ra doi véi céc vi tri thi nhat, thit nhi, ba trong cudc dua c6 12 con
ngua.
V. Té hop.
l.ChotapS=1{1,2,3,4,5}
a. Liét ké cac chinh hgp chap 3 ctia S
b. Liét ké cdc t6 hop chap 3 ctia S

2. Tih gidgtri:  a,C, b,C’ ¢,C,

9
XAC SUAT
Bai 1 : Gieo mot con suc sic can d6i , dong chit va quan sat sy ¢b xudt hién .
a>Mo ta khong gian mau .
b>x4c dinh cac bién ¢ sau .
A:’Xuét hién mat chin chdm «
B:”Xuét hién mat 1¢ chdm
C:’Xuét hién mit ¢6 chdm khong nho hon 3 “
¢>Trong cac bién ¢ trén hiy tim cac bién cd xung khic .
Bai 2 : Mot hop dung 3 bi tring duoc danh sé tir 1 dén 3 , 2 bi d6 dwoc dénh s6 tir 4 dén 5 |, lay
ngiu nhién dong thoi 2 bi :
a>Xay dung khong gian mau .
b>Xac dinh cac bién ¢0 :
A:”Hai bi cing mau tring «
B:”Hai bi cung mau do “
C:”Hai bi cung mau “
D:”Hai bi khac mau “
c>Trong céc bién cb trén hiy tim cac bién cb xung khic ..
Bai 3 : Gieo mot déng tién 3 1an va quan sat hi€n tugng mat sép va mat ngiia .
a> Xay dung khong gian mau .
b> Xac dinh céc bién cb :
A:”Lan gieo dau tién mat sép
B:”Ba lan xuét hién cdc mit nhu nhau
C:’dtng hai 1an xuét hién mat sép «
Bai 4 : Gieo mot déng tién va mot con stc sic quan sat mat sép ,mat ngiia , s6 chdm suét hién caa
con suc sic .
a> xay dung khong gian mau .
b> Xac dinh céc bién cb sau :
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A:”déng tién suét hién mat sép va con siic sic xuét hién mit chin chdm «
B:”Déng tién sudt hién mit ngia va con stc sdc suat hién mat 1é chdm «
C:”Mit 6 chim xuét hién
Bai 5 : Gieo mot dong tién 3 1an :
a> Xay dung khong gian mau .
b> Xac dinh céac bién ¢b sau :
A:”1an dau xuét hién mat sép «
B:"Mit sdp x4y ra diing mot lan “
C:’Mit ngira xay ra dting mot 1an «
Bai 6 : Gieo mdt con suc sic 2 lan :
a> MO ta khong gian mau .
b> Phat biéu bién cb sau dudi dang ménh dé :
A7{(651),(6:2),(6:3),(6:4),(655),(6:6)}
B:7{(2;6),(6;2),(3;5),(5;3),(4:4)}
CLDEGIAGGIED.
Bai 7 : T mot hop dung 5 qua cau duge danh s6 tir 1 dén 5, 1ay lién tiép hai 1an mot lan mdt qua va
xép thir tu tir trai sang phai .
a> MO ta khong gian mau .
b> Xac dinh cac bién ¢ sau :
A:”Chit s6 dau 16n hon chit sb sau «
B:”Chit sb trudc gip doi chir sb sau «
C:”Hai chit s bang nhau .

Bai 8: Gieo mot con suc séc hai 1an , tinh xac suit cac bién cb sau :
a/ Tong cua hai lan gieo bang 6 chdm
b/ Lan gieo dau bang 6
¢/ Tich cia hai 1an gieo 1a mot s6 chan .
d/ Hai 1an gieo c¢6 s6 chim bang nhau .
Bai 9:Mb6t td ¢6 7 nam va 3 nit, chon ngau nhiéu hai hoc sinh . Tinh x4c suit sao cho :
a/ Ca hai hoc sinh la nir .
b/ khong ¢ nit nao .
¢/ ¢6 it nhét 1a mot nam .
d/ ¢6 dling mét hs 1a nir .
Bai 10: Mot hop dung 5 vién bi tréng , 7 vién bi dé , chon ngau nhién 3 vién bi . Tinh xac suit dé :
a/ 3 vién bi cung mau .
b/ c6 ding 3 bi do .
¢/ ¢6 it nhat 13 hai bi tring .
d/ ¢6 @i hai mau .

. Nhi thirc newton

12
\ . 1 A A 9 . 4 1
Bai 1: Tim hé s6 cta x° trong khai trién (— 2x + —2j
X

5
Bai 2: Tim sb hang thir 3 trong khai trién cta biéu thirc (% - ij
X

Bai 3: Tim s6 hang khong chira x trong khai trién (x* + 1 )"
x

Bai 4: Bi€t hé so clia x* trong khai trién ctia (1+3x)" 12 90. Hiy tim n.

Phan I1I. DAy s6 - Cap s6 cong - cap s6 nhan

Bai 1: Tim CSC biét:
a. Gom 4 s6 hang: Tong cia chiing bang 4; tdng cdc binh phuong clia chiing béng 24.
b. Go6m 5 s6 hang: Téng clia ching béng 5; tich clia ching bang 45.
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Uy, — Uy, =30
“ 2 2 =450
Uyp Uy =

2. Cho cdp s0 cong biét

u, —u; =8 b u, —u, +u, =10 U, +u, =—29
a. : .

U, =75 u +u, =17 us.uy, =25

Tim CSC va tinh u,s; Sy,.
3. Tinh s6 hang dau u, va cong sai d cia cdp s6 cong (un ) , biét:

u +2u;=0 u, =10
a. b.
S4:14 Lt7=19

3. Tim CSC c6 8 s6 hang biét tdng c4c s6 hang bang 44 va hiéu giita s hang cudi va dau bang 21.
4. Cho CSN biét u,=-3; g=-2. S6 -768 1a s6 hang thit bao nhiéu?
5. Tim CSN gom 5 s6 hang biét:Tim s6 hang dau va cong boi ciia CSN, biét:
u, =3 u, —u, =25 u, —u, =172
a. b. c.
u, =27 u, —u, =50 u, —u, =144
6. Tim CSN biét:
u +u, =27 u, — Uy +u; =65
a. b. C.
U, =72 u, +u, =325

{ul+u2+u3+u4:30
us + ug + u, +u, =480

7. CAp s6 cong (un) c6 S, =18 va §,, =110

a. Lap cong thic s6 hang tong quét u,
b. Tinh S,,.S(50)
PHan IV. HINH HOC KHONG GIAN
*Pé tim giao tuyén clia 2 mat phang ta cin :
+ Tim 2 diém chung ctia 2 mat phang
+ 2 mit phang lan luot chita 2 dudng thing song song ta tim 1 diém chung giao tuyén 1a duong
thing
Di qua diém chung va song song voi 2 duong thing ay
*Pé tim giao diém cia duong thang a va miat phang (P) :
-Chon mat phang (Q) chtraa
- tim giao tuyen ctia 2 mat phang (P) va Qlab
- Tim giao diém cta a va b thi d6 1a giao diém can tim

Bai 1: Cho tif dién ABCD; goi I, J, K 14n Iugt 1a trung di€ém AB, BC, DA; G,,G, 1an lugt1a trong
tam ACD, BCD.

1) Xéc dinh giao tuyén (AKD) va (BJC) ; JAD) va (ICD)

2) Tim giao diém cia AG, véi (UK)

3) Chang minh: AC// (1JK); G,G, // (ABC)

4) Goi E 1a trung di€ém CD. Tinh E—é

H= AG, nBG, . Ching minh : H 1a trung diém IE.

Bai 2 : Cho S.ABCD, d4y 12 hinh thang ( ddy 16n AB ). Goi M, N, P 1dn ludt trung diém AD, CB,
SC.
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1) Tim: (SAC)n(SBD)=? ; (SAD)N(SCB)="?
2) Tim: AP (SBD)="? ; DPN(SAB)="?
3) Chitng minh: AB // (SCD)
4) Xac dinh thi€t dién cta hinh chép v6i mit phdng (MNP).
Bai 3: Cho hinh chép S.ABCD, ddy la hinh binh hanh tdim O. Goi M, N 1an lugt 1a trung diém SB,
AD; G trong tim ASAD.
1) Tim GM N (ABCD)=? ; GMN(SAC)="?
2) Chiing minh: OM// (SAD)
3) Ge(a), (a)// (SCD), xac dinh thi€t dién ctia hinh chép vSi mit phing (o)
Bai 4: Cho hinh ch6p S.ABCD, ddy la hinh binh hanh. Goi M, N, P 1an luot 1a trung diém AB, CD,
SC.
1) Tim (SAC)n(SBD)=7?; (SAD)"(SCB)="?
2) Tim APN(SBD)=7?; BPN(SAD)="?
3) CMR : MP // (SAD)
4) Tim thi€'t dién cia hinh chép véi mit phing (MNP )
Bai 5:Cho hinh ch6p S.ABCD, d4y 13 hinh binh hanh ; M, N 1an lugt Ia trung diém AB, CD.
1) Chdng minh: MN// (SCB ) ; NP // (SBC)
2) P Ia trung di€ém SA: Chitng minh SB // (MNP) ; SC // (MNP )
3) GG, 1an luot 1a trong tam A ABC, ASCB. Chitng minh : G,G,// (SAB)
Bai 6:Cho hai hinh vudng c6 chung canh AB va nam trong hai mat phang khic nhau. Trén cac duong
chéo AC va BF ta lay cac diem M, N sao cho AM = BN. Mat phang (P) chira MN va song song vdi
AB cat AD va AF lan luot tai M', N'.
a) Tt giac MNM'N' 1a hinh gi?
b) Chirng minh M'N' // EC.
c¢) Chiing minh MN // (DEF).
Bai 7: Bai tap SGK: 1,4,6,10 trang 53, 1, 2, 3 trang 59-60, 1, 2, 3 trang 63

BAI TAP PHEP BIEN HINH

Xem cdc bai tap: 3 trang 7, Bai tap 6n chuong I: 1a, ¢, 2a, d, 3a, b 6,7
SO GIAO DUC-PAO TAO PE KIEM TRA HOC KiI- NAM HOC 2011-2012

BINH PHUOC Moén :Toan Lép 11
BE CHINH THUC Thoi gian lam bai : 90 phut (khong ké thoi gian phat dé)

IL.PHAN CHUNG CHO TAT CA CAC THI SINH (7 diém)
Céu L.(3,0 diém): Giai cac phuong trinh sau:

a) 2cos3x + /3=0

b) 2sin’ x—(4+x/§)sinx+2x/§ =0

) cos2x++/3sin2x—~/2=0
Ciu ILa) (1,0diém):Tim hé s6 cua x° trong khai trién cua nhi thirc (2x—1) thanh da
thtrc.
b) (1,0 dlem) Tu cac chir s6 0,1,2,3,4,5,6 c6 thé thanh 1ap duoc bao nhiéu sb
chin, mdi s6 gom 5 chir s6 khac nhau ?
Céu IIL (2,0 diém): Cho hinh chép S.ABCD, ABCD 14 hinh thang , I 13 giao diém cua
AC va BD, AD cit BC tai K.
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a) Tim giao tuyén cta cac cip mit phang (SAD) va (SBC); (SAB) va (SDC).

b) Goi M 1a trung diém cua SB .Tim giao diém ctia MD va mp (SAC).

¢) Goi (P) 1a mit phang qua I va song song v6i SA va CD .Tim thiét dién cua (P)
v6i hinh chop .Thiét dién d6 1a hinh gi ?
II. PHAN RIENG (3,0 diém). (Hoc sinh hoc theo chwong trinh nao thi lam bai theo
chwong trinh do)
A. Theo chuong trinh Chuin
Céu IVa.(2,0 diém): Cho cép sb cong (u, ) biét: {u7 Uy =18

2u, +uy, =39
a)Tim u, va d.
b)Til’lh le-
Ciu Va.(1,0 diém): Trong mat phiang cho vecto v=(2-1), diém A(-1;3) va dudng
thang d c6 phuong trinh 2x+3y—7=0.Tim toa d6 anh ciia diém A va viét phuong trinh
duong thang anh ctua duong thang d qua phép tinh tién theo vecto v.
B. Theo chwong trinh nang cao.
Céu IVb.(1,0 diém): Cho duong tron ( C) c6 phuong trinh : (x-2)2 +(yt+5)°=
Viét phuong trinh anh cta ( C) qua phép vi ty tam I (1;-4) ti s6 k= -2
Céu Vb.(2,0 diém): Mot binh chtra 10 vién bi ,trong d6 c6 6 vién bi xanh va 4 vién bi
d6 .L4y ngdu nhién 3 vién bi tir binh . Tinh xac suat dé duoc :
a) 3 vién bi xanh.
b) it nhat 1 vién bi xanh .

....................... 1 A
Can bg coi thi khong gidi thich gi thém
Giamthil:.....oooiiiiiiiiiiiiiiiniina
Giamthi2 :....oooiiiiiiiiiiiiiiiniinn



